128
SPACE   AND   GEOMETRY
therefore, is an inverse function of the perpendicular p, and has been designated by Lobachevski by II (p). A group of parallels in a plane has the arrangement shown schematically in Figure 24. They all approach one another asymptotically toward the side of their convergence. The homogeneity of space requires that every "strip" between two parallels can be made to coincide with every other strip provided it be displaced the requisite distance in a longitudinal direction.
Pig. 24.
If a circle be imagined to increase indefinitely, its radii will cease to intersect the moment the increasing arcs reach the point where the convergence of the radii corresponds to parallelism. The circle then passes over into the so-called "boundary-line." Similarly the surface of a sphere, if it indefinitely increase, will pass into what Lobachevski calls a "boundary-surface." The boundary-lines bear a relation to the boundary-surface analogous to that which a great circle bears to the surface of a sphere. The geometry of the surface of a sphere is inde-